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Let f(z) be meromorphic in |z| < 1. Let #(r, @) be the number of ‘e-points’

of flz) in |2| <7< 1(0< |a| <) and let #n(r, a) be the number of ‘a-points’
counted once only.

Let
Nr,a) = f ”—(%i’ dt
v O0<r<1)
Nz, a) = f n_(%a_) dt
o
and
. T(r) _
R Tt (0<a= o)
81,
where T(r) = T(r,f) is the Nevanlinna characteristic function of f(z) we prove
THEOREM.
q e .
L N(r, a,) 1
® liminf 3} (1~ 1w ) =21

Proor. From Nevanlinna second theorem we have

(@—2T@r)< > N, a)+ S7)

where

S < K + 4log+% + 6log + 8log T(p)

p—r
for 0<7r < p<1. The term log* % can also be absorbed in the constant

K because log* % = log* —i— for » = 7,. Further, by putting p = 1—_*2_—7 and
0

using the method of F.Nevaninina one can easily remove the factor 6 from

the expression 6 log P—_1:7 see [1; 152.] Thus in the final form we have

2 (@—2) T(r)< 2 Nir,a) + Sir)
1
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where

S(r)< K’ + log 1%7 + 8log T(p).

From (2) we further get

1

, log
N(z, a.,) K 1—7 log log T(p)
< 2 100 P2V 1en T 1o T8 Ten

and hence
X N(r N, a)) K logy — 1 : log T(p)

T H + T f) 87T, f)

Therefore,

log 1

a _
N(z, ay)> .. 1—7
im i 1-—= L) <24+1 — 4
lm;l% 11nf12 ( Ttr.f) ) = 1nT19 11nf S o(1)

This proves the theorem.
We remark that for functions for which

we always have

N(z, a,,)) ,
— < 2.
Iuglmf 2 ( T(T,f) =2

From the theorem we can further deduce the following result of
R.Nevanlinna [1, 158]

2 (1 — lim sup ni: Zi ) S2+ %'
For,
N(r,a,) < T(r,f) + OQ)
so,
limjnf (1— %) = lim inf (1 - é\;{zr‘;')))
Further

. __ Nr,a) )M( L Mr,a,)
timing (1 7% < (1 timsup 0
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. NG, a.,)) . Mr, a)
— A Bl A I — W
2 (1 - tmeup e ) = Stimine (1 - 705
=2+ % from (1).
Now let
. nir,a)
B Dy = # (587)
Then
f MhE). gt < (u+ &) f _—”(t;“”) at
To To
Hence
. N(r,a,)
Hmsup N a,) =H
and the result follows.
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