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Let f(z) be meromorphic in \z\ < 1. Let n(r,ά) be the number of '^-points'
of f(z) in | z | < ; r < l ( 0 < ; ( ύ r | < : o o ) and let n(r, a) be the number of ^-points'
counted once only.

Let

Mfta)= I >*ψ-dt

Λjy,«)- i * t 2 L Λ

(0 < r < 1)

and

lim sup - ^ ^ - — — -a

o l l o g i _ _

where T(r) = T(r,f) is the Nevanlinna characteristic function of f(z) we prove

THEOREM.

PROOF. From Nevanlinna second theorem we have

(q - 2)T{r) < 2 N(r, a,) + SO)
1

where

S(r) <K+4log+— + 6log — — 4- 8log Tip)

for 0 < r < p < 1. The term log4" — can also be absorbed in the constant

K because log+ — <; log+ — for r g: rυ Further, by putting p = — K— and
T To 4

using the method of F. Nevanlnina one can easily remove the factor 6 from

the expression 6 log - ^ — see [1 152. J Thus in the final form we have

(2) (q - 2) T(r) < 2 Mr, a,) + S(r)
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where

Sir) < K + log — ^ — + 8 log Tip).

From (2) we further get

v , log,——

Q < 2* ~ψi~

and hence

f,

Therefore,

This proves the theorem.

We remark that for functions for which

log j i ^

fe = °
we always have

N(r, av)

From the theorem we can further deduce the following result of
R. Nevanlinna [1,158]

For;

Nir}av)^T(r,f) -h 0(1)

so,

Further

liminf ( l - ^ ^ V ) = (1-Km sup ^ ^

SO,
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^ 2 + -i from (1).

Now let

Then

Hence

Mr, a,)

and the result follows.

REFERENCE

[1] R.NEVANLlNNA,Le theoreme de Picard-Borel et la theorie des fonctions Moromor-
phes, Paris (1929).

D.S. COLLEGE, ALIGARH (INDIA) AND HIMDU COLLEGE, MORADABAD (INDIA)




