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Schiίfer and Spencer [3] have derived a condition under which bi-
linear differentials are continuable. In this paper, applying the results due
to Aronszajn [1], we shall give a condition in terms of positive definite
kernels.

Let D be a domain in the 2-plane. A function ψ(z, 0 of z, ζ <Ξ D is
called a Hermitian kernel on D, if it satisfies ψ(z, t) = ψ(ζ, z). If for any

points 2/1, 2/2, , yn e D and any complex numbers ξ l f ξz, , ξn the inequality

Σ Ψ(yi,yj)ξiξ,^o (w = ι, 2, .- . )
z,J = l

is satisfied, then ψ(z, 0 is called a positive definite kernel on D. Further,
we denote by PD the aggregate of all positive definite kernels ψ(z, 0, which
are analytic in z, C respectively. Let ψ, φ<=PD. We denote φ<ψ if for any

points 2/1, 2/2, , 2/w ̂  •# and any complex numbers £ι, ς2, , ?w

Σ ίWtfi, yj)&£, - Σ ψ(yt, ytfiξ, ^0 (w = l, 2, - •).
ί ,J=ϊ 7,J=ί

Now, generally, the following lemma is well known (cf. [4]).

LEMMA 1. Let E be an abstract set. If a function k(x, y) of x,
satisfies

Σ = l, 2,

for any points 2/1, 2/2, •• , Vn^ E and any complex numbers ξ l f ξ2, , ξn,
we can construct a Hubert space which has k(x, y) as its reproducing
kernel.

Proof. Let FI be the family of functions /Ί which are of the form

/ι(α) = Σ α/fefo yj)

where 2/1, •••, 2/« are any points of E, alf •••, αrw any complex numbers and
w any natural number. Let the inner product be defined by

where
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