
THEOREMS ON SUBHARMONIC FUNCTIONS

I N THE UNIT CIRCLE

BY YOSHIRO KAWAKAMI

1. Let lφ be a line through eiθ

f making an angle ψ (— τr/2 < ψ < τr/2) with
the inner normal of ' z. = 1 at eiθ. Then M. Tsuji [1] proved the following
theorem.

THEOREM. Let

w(z) = \ log — - — — dμ(a),

where

Ω(r) = [ dμ(a) = θ(-ri--—TΓ \ 0 < λ < 1.
J\a\<r x V-L — r) J

Then there exists a set E of measure 2π on z \ = 1,
almost all ψ,

lim M;(2) = 0,

along lφ(eiθ).

Let u(z) be a subharmonic function in \z < 1 such that

[2*'u(reiθ) dθ = 0(1), 0 <
Jo ~~

and put

then L(u, r) is an increasing convex function of log r9 and Tsuji proved the
following theorem.

T H E O R E M . Let u(z) be a subharmonic function in , £ , < 1, such that

j j « ( « ' • ) \dθ = 0(1), -fc-L{u,r) = θ ( ( 1 _ ? y ) x ) , 0 < λ < 1.

T/z^^ ί/ẑ r̂  exists a set E of measure 2τr on z = 1,
then for almost all ψ,

lim u(z) = ^(^ ί β) φ o o

exists, /̂ẑ w 2->^ ί β along lφ(eiθ).
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