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1« Let Gr be a Puchsian group of
linear transformations ;Sn.U) c*- = 0

y
.l

y

2
}
. ) , which make ]z\ <1 invariant

and Do D® its fundamental domain,
which contains z = O and is bounded by
orthogonal circles to \z\ =• 1 and a
closed set e

0
 on 1*1 = 1 We remark

that PO can be so constructed that
the equivalent points on the boundary
of Do are equidistant from z-o^
Let z*, , I>n

 9
 en, be equivalents of

z
0
 =o > Do t -βo respectively.

>O , then
The converse is

Theorem 1. If
Σ£o (1 ~!2nJ)<- oσ .
not true in general*

Proof Since m.e
0
>o , we have

^ )
 Lθt

then it^Cz^) - ιt(o) — VYL €<> , so that

hence *,

v f i -I-T Π <̂ . *sβ __J1 ̂  -J7^ x ort

Let Kj , , , K n, £ *•£ 3J) be TV cir-
cles on the TXT -plane, which lie out-
side each other o We invert them on
any one of them Indefinitely, then we
obtain infinitely many circles cluster-
ing to a non-dense perfect set E" .
As Myrberg

 2
^ proved, E is of positive

logarithmic capacity, so that if we map
the outside of E" on !zl<i by ur=-jp(z) ,
then f tej is automorphic to a cer-
tain Fuefo sian group 6f- , such that
Σ^o ( * -

 |2r
*'> <• °° - On the other

hand, as I have proved in a former pa-
per/

5
 τn,e

0
 - o

 β
 Hence the converse

is not true in general.

2. Let z be any point in/;z.l<l and
(*•) be its equivalent in D

0
 <, Let

z = r«
cθ
 (o^r<l3 be a radius throu-

gh e
vβ

 « We denote the set
by E CΘ) . Then

Theorem 2
0
 ( i ) If S~

0
 ( 1 -l*n)) < *>

then ljw,
r̂
ι)fre

lθ
)i = 1 f

or
 almost all

I have proved this theorem in a for-
mer paper γ but my proof depends on a
theorem, which is false. A proof is
given by Yujδbδ.^ I will give the
following proof, which is somewhat sim-
pler than his. In the proof, we use
the following lemma /̂  Let B

0
 be a

closed set in D<? , which is of posi-
tive logarithmic capacity and EF̂  be
its equivalents. We take off Σ£

0
 E^

from ιz,Kl and let Δ be the re-
maining domain. We map Δ on
and let Σ£

O
 &n be mapped on a set

on |ξ I = i . Then

Lemma. (i) If (1- lz~i

then

then

Proof of Theorem 2;

(i) Suppose that Jl (1-|2>J)< <** ,

then the Green's function

α>

exists and liiâ ê ζ-CO = 0 almost,
everywhere on 1*1= 1 , when z -* £

lβ

non-tangentially to 1*1= 1 . From
this, we see that li *̂ ,̂  |(re

ίθ
)| * 1

for almost all €cd .

(il) Next suppose that ΣΓ»o (1-I2
« 0

= to
 β

 Let KΓ
0
 be a disc contained

in DO and X^ be its equivalents and
CVt "belts boundary. We take off Ẑ KΊ,
from \z>\< 1 and A he the remaining
domain and we take off 2.£

0
JZv from |z|<l

and An, be the remaining domain.

Let iL nίz
function in

be a bounded harmonic
Δ-yu » such that

βn
 Jl

 C
t,

 y

then E (θ) is everywhere dense in
D for almost all e

ίθ
 «

First we will prove that

nî
 u
^
(z)
-° i t Δ «;

We map ̂  on | ζ j < l , then by tho
lemma, \z\ =1 is mapped on a null
set o n | ξ | = J . Let 2j f̂, Cv be
mapped on a set 6^ on JJς | = l , then
liw^^^cx, ^β^ =o . Let tc^(z^ become
a harmonic function VVtC^) in |ζ}<! ,
then, since i χ | = I is mapped on a null
set, we have
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