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Introduction. I t  w a s  p ro v e d  in  [ 3 ]  th a t  i f  D  is  a n y  (n o n -

com m uta tive ) division ring, th e n  th e r e  e x is t  non-free projective

ideals in D [X , Y ] .  T h e  a im  o f th is  p a p e r  is  to  s tu d y  the set of

isomorphism classes of fin ite ly  genera ted  projective modules over
D [X , Y ] ,  vhere D  is  a division algebra which is finite-dimensional
over its centre. In  §1 . we prove a proposition on projective modules

o v e r  m a tr ix  rings and deduce  (Cor. L  3 )  t h a t  i f  D  is a  finite-
dim ensional central division algebra  of dimension 772 over K  and L
a sp litting  fie ld  fo r D , t h e n  fo r  any finitely  generated projective
module P  o v e r  D[X , L C )P is  free o v e r  M .(L )[X , Y ] .  I f  we

choose a splitting field L  for D  w h ic h  is  a  f in ite  Galois extension

o f  K  w ith  Galois group  G  and an isom orphism  L C)D[X ,

M ,,(L )[X , Y ] ,  w e  g e t  a  cocycle f : A u t  L c x ,n - a / g M n ( L ) [X ,  Y].

For any  in teger m > l, let Z '( in )  deno te  the set of m aps T :

Aut Ltx,n/IL (L )[X , Y ]', w here T  satisfies a suitable cocycle condition

and T (a )  is f(a)-sem ilinear for every  rIE G .  W e p ro v e  (T h . 2. 1) in
tha t for m > l, the set of isomorphism classes of finitelygenerated

projective modules of rank  m  (w here  rank  is  de fined  in  a suitable
m anner) is  in bijection w ith a quotient set 111 (m) o f  Z t(m )  modulo

a n  equ iva lence  relation. I n  §  3 , w e  show (Cor. 3 . 2 ) t h a t  the
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